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PARA A COMPUTER SIMULATION CODE FOR PLASMA

DRIVEN ELECTROMAGNETIC LAUNCHERS

1. INTRODUCTION

This report presents the mathematical details of PARA, a computer
code for simulation of Zlasma armature rail accelerators. Outlines of the
code have been given previously by Thio (1980 [1], 1981 [2], 1982 [3]).

Railgun performance simulation codes have proliferated in the past
few years [4-71 owing to the current military and industrial interests in
railguns and the role they play in railgun design and system studies.
However, to the best knowledge of the author, none of the simulation codes,
other than PARA, has the capability of modeling and predicting the detailed
physical properties of the plasma armature as well as performance. The
earlier codes [5,6) assume a constant value of 200 V as the voltage drop
across the plasma armature. More recent codes [7] allow for a time-varying
voltage drop by assuming a fixed resistance for the plasma. Other details
such as temperature, pressure and length of the plasma are not calculated.

The first serious attempt at studying the behaviour of the plasma
armature was made by McNab (8]. Following that, two independent studies were
launched almost concurrently: One by Powell and Batteh (9] at the Ballistics
Research Laboratory, Aberdeen (1979); the other by Thio [1-3] at the
Materials Research Laboratories, Maribyrnong (Australia) where a parallel
integrated experimental study of the plasma armature was also undertaken
(1980).

The work of McNab was essentially a steady state analysis. Taking
McNab's work as a first approximation, Powell and atteh [9] extended the
analysis but still retained the steady-state feature. Specifically, Powell
and Batteh assumed constant current and a plasma column in thermodynamic
equilibrium. Later, Powell [101 extended the analysis to 2-D. No attempt
was made to incorporate the model in a simulation code. Thus no effects



associated with the non-linearity of the arc as a circuit component of the
driving railqun circuit and no temporal variation of the plasma properties
were studied.

PARA represents the first attempt at modeling some of the time-
varying properties of the plasma by using a quasi-static approach. More
assumptions were made for the plasma model in PARA than by Powell in the
interest of mathematical simplification. However, in PARA, the plasma model
is embedded in a comprehensive computer code for the simulation of railgun
operation. This enables one to follow the dynamical history of the plasma in
a typical rail-launcher firing and study the time development of the various
plasma parameters including-voltage drop, volume, temperature and pressure of
the plasma. Knowledge of these plasma properties is particularly important
in a systematic treatment of the material problems associated with the
eventual realization of plasma-driven electromagnetic launcher technology.

0 The circuit equations used in PARA are introduced in Section 2 where
the major circuit components are identified. In Section 3, the details of
the plasma model are presented. For convenience of reference, all pertinent
equations used in PARA are assembled in Section 4, and the broad structure of
the computer program is outlined in Section 5. The concluding section
contains a critique of the present version of PARA and some recommendations
for future development of the code.

2. CIRCUIT EQUATIONS

2.1 The Circuit

The equivalent circuit used for the railgun is shown in Figure 1.
The power supply consists of a capacitor bank C, which is connected in series
with an inductor L. via a switch S1 which may be an ignitron or a spark
gap. The switch S1 is the main switch which turns on the main discharge.
The capacitor bank is also equipped with a crow-bar switch S2 , which in the
code can be set to turn on at any particular voltage across the capacitor.
In practice depending on the actual switch used, there are constraints on the
bias voltage which is needed to activate it.

The rails are connected in series with the inductor Lo .  The
reactance in the rails is lumped as a variable inductance Lr and a variable
resistance Rr  The plasma armature manifests itself as a variable resistor
Rp between the rails with V. 5 and VE 6 the electrode potential drop at each
rail. Similarly, for the piasma switches S1 and S2 , a resistance (R1 , or
RS,2) and electrode potential drops (VEi, VE,2, VE 3 and V. 4) are alowed
for. In the case of the switches, the resistance is assumeA to be constant.
Any stray resistance associated with the bus-bars and with any electrical
connections in the capacitor crow-bar switch circuit are lumped with the
resistances Re 1 and RS,2. Stray resistance across contact joints in the
main railgun cIrcuit are lumped as a fixed resistor RS, 3 .  The resistance Rb
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of the main inductor L 0 however, is allowed to vary with time, in an attempt
to take account of the skin effect. Any stray inductance in the main driving
circuit is also lumped with Lo.

In the computation, tie coupling between the capacitor-crow-bar
circuit and the main driving circuit after the crow-bar S2 is activated is
completely ignored. Thus, after S is turned on, computation proceeds as if
the capacitor bank has been physically removed from the circuit, and the
circuit consists of inductances and resistances only.

The electrode drops, VE, I, VE 2 , VE,s and V,,6 are lumped as a
single voltage VE,, given by

VE,B = E,1 + VE,2 + VE,5 + VE,6 (2.1)

Similarly, after crow-bar,

VE,A - VE,3 + ,4 VE,5 + VE,6 (2.2)

The stray resistances are lumped thus,

RS,B - RS i + RS,3 (2.3)

before crow-bar, and

RS,A = RS,2 + RS,3 (2.4)

after crow-bar. In the current version of PARA, it is assumed that

VE,A  = VE, i.e. VE, + VE, 2 = VE, 3 + VE, 4

and (2.5)

RS,A R S,8 i.e. R SO R S,2

2.2 The Bquations

With switch S, closed and S2 open, the basic equations governing the
temporal behaviour of the circuit are:
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dl vC -v E - SI R +R b + R + R + L'V )Eb r p, pro(2.6)
dt L + L'z0

dVc I. .C 
(2.7)dt C

where I is the current in the rails and through the plasma armature and V. is
the voltage across the capacitor; VE is VE A or VE B and R is RS A or Rs B;
Rb, Rr and Rp are variable resistances of te inductor LO, the raiis, and Ge
plasma column respectively. L' is the inductance per unit length of the
rails, z is the position of the back-ed of the projectile and Vproj is its
velocity.

After the switch S2 closes, the circuit equations (2.6) and (2.7)
reduce to a single equation

-V - I(R + R + R + R + L'V )dl EB SIB b r p proj (2.8)
d L + L'z

0

For calculating the resistances Rb and Rr, the conductors for the inductor,
the bus-bars and the rails are assumed to have rectangular cross-sections or
cross-sections which can be derived from a small amount of conformal
deformation. A skin depth 6 is assumed for these conductors

T ,, /2 ,(2.9)

which is associated with a step current pulse (11,12], where n is the
resistivity, v permeability and t is time. The usual simple expression for
resistance

nL
R - C (2.10)w d

c

is used for calculating R and Rr, where I is the length, wc the width and d
is either the thickness o the conductor or twice the skin depth 26, whichever
is smaller. Velocity-skin effect for the rails is not considered in the
present version of PARA.

The yet undefined quantities in the governing equations (2.6) to
(2.8) are the position z and the velocity Vpro . of the projectile, and the
resistance Rp of the plasma column, which are ireated in the next section.
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3. PLASMA MODEL

3.1 General Assumptions

The following assumptions are made:

(1) The conditions of LTE (Local Thermodynamic Equilibrium), which

mean that, (a) the various particle species, electrons, ions and neutral
particles all share the same temperature at any particular instant of time;
and (b) Saha's equation may be used for calculating the degree of ionization.

(2) The Debye length is sufficiently small for a one-fluid MHD
approach to be appropriate.

(3) The electrical conductivity of the plasma is calculated with
Spitzer-type expressions. These expressions assume a high degree of
ionization and ignore the presence of a magnetic field.

(4) Effects of viscosity are neglected.
(5) For field quantities, only variations in the direction parallel

to the rails are considered.
(6) Current density and temperature are assumed uniform throughout

the plasma.
(7) The mass of the plasma is assumed to remain constant.
(8) The inertia force in the plasma is assumed to be very much

smaller than the Lorentz force and the pressure-gradient force.
(9) The plasma is assumed to be singly ionized from a single atomic

species.

3.2 Geometry

The geometry is as shown in Figure 2. It is assumed that the
plasma is confined to a rectangular region between z - za and z - zb, the
current flows through the plasma in the negative y-direction with the current
density vector J J - j ,, the magnetic induction B points in the positive
x-direction (into the plane of paper), and the plasma-projectile travels in
the positive z-direction with the velocity V Vproj All field
quantities are assumed to vary only in the z-direction.

3.3 Manetoplasmadynamic Equations

Following Ferraro and Plumpton [131, the magnetohydrodynamic (MHD)
equation for momentum transport is

P + Vp - x B + L pvv(V . v) + pvV2 
v (3.1)

dt- 3

where p is mass density of the plasma, v the velocity, p is the pressure which
includes both the gas and radiation pressure, v is the kinematic coefficient
of viscosity.
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Viscous effects are ignored (v - 0) and it is assumed that

p << 7 p C3.la7

dV
and so, P ! << x B (3.1b)

This is approximately the same as saying that the inertial force acting on the
plasma is small compared to the overall Lorentz force which accelerates both
the plasma and the projectile. With these assumptions, equation (3.1)
reduces to

Vp - x x H (3.2)

Use in made of Ampere's law from Maxwell's equations to relate the
current density to the magnetic field

V x H - J (3.3)

In the coordinate system of Figure 2, equations (3.2) and (3.3) have the form

az

aH - -j (3,5)

It is then assumed that the current density is uniform in spa-e
throughout the plasma so that equations (3.4) and (3.5) can be integrated
directly to give the magnetic field within the plasma

H(z,t) - H(za,t} - j(t) (z - a  (3.6)

and the pressure distribution in the plasma

p(Z,t) - p(zt) + U j(t) IH(z ,t) (z - ) (2 (z - za) 2} (3.7)
aa? a

The pressure in the plasma is a superposition of two terms: a term p(z.1t),
corresponding to the pressure at the rear boundary z a , and a term (2nd term in
(3.7)) associated with the current distributed in the plasma.



The pressure term p(zat) is calculated by considering the mass
integral

m = f p dV (3.8)mp V

The ideal gas equation of state modified by ionization

p a +a(3.9)RT(1 + e)

where a the degree of ionization, is used with expression (3.7), to evaluate
the mass integral to give

m V(t) {p(z t) + uj(t)x [H(z t) - t (3.10)
p RT(t)(1 + a(t)) a 2 a' 3

where L is the length of the plasma armature. In the above integration,
temperature T has been assumed to be uniform in space. Despite the
uniformity of temperature, the degree of ionization is in general not uniform
according to Saha's equation if the density and pressure also vary. However,
in obtaining the result (3.10), the degree of ionization a is assumed to be
uniform in space, again in the interest of mathematical simplicity.
Rearranging expression (3.10), the following expression for the pressure at
the rear boundary is obtained;

p(z ,t) - m RT(t)(1 + a(t)) - iij(t) L(t) {H(z ,t) - j(t) Z(t) } (3.11)a V(t) 2 a 3

If the plasma is pushing against a closed breech, the pressure at
the rear boundary p(za~t) is non-zero, giving rise to an additional force on-
the projectile due to the thermal expansion of the plasma. The term p(za,t)
is calculated as part of the computation and in this sense the 'explosive'
propulsion force due to the expansion of the plasma is accounted for in PARA.
The force of explosion associated with the transition between solid and vapour
during the fuzing of a metallic foil to generate the plasma is not calculated
in PARA. The energy associated with this phase of explosion is however very
small and the purturbation caused by it to the overall dynamics of the plasma-
projectile should be negligible even in the low energy program RAPID at MRL
(2,31.

When the plasma armature is completely confined by magnetic pressure
and not in contact with the breech, the pressure p(za,t) at the rear boundary
is zero. In this case, expression (3.11) yields a relationship between the
length of the plasma, the temperature, degree of ionization, the mass of the
plasma, and the current in the plasma.
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In the computer program, the term p(z.,t) is automatically
constrained to be greater than or equal to zero.

3.4 Heat Equation

The simple equation,

dT 2 Vmc- = +f F dS + p L (3.12)
pdt P av- ~ dt

is essentially the equation used to deal with the balance of heat in the
current version of PARA, where T is the temperature, c is specific heat of the
plasma, 12Rp is the Joule heating, F is the radiative flux, p is the pressure
and V is the volume of the plasma. Equation (3.12) may be considered as a

statement for the first law of thermodynamics in the present context. The
difficulty is to attach a precise meaning to the specific heat c and the
pressure p, which in the model is allowed to have spatial variation whereas
all other quantities in the equation are uniform in space.

The more general equation for radiative energy transport

d 1 v2)__
a(u *t pv2 ) d div F - p div v (3.13)

is valid locally throughout the plasma. Here, u is the internal energy
density, £ is dentsity of energy generation by Joule heating, F is the
radiative flux vector, p is the local presiure 2and v is the local velocity.
The variation in the fluid kinetic energy --pv is small compared with the
variation in the fluid internal energy (the random kinetic energy of the
particles). As a first approximation, (3.13) is rewritten as,

du de - div F - p div v (3.13)
3t - at - -

Integrating over the volume of the plasma gives,

! dV V- V div F dV- p div v dV (3.14)V dt V dt V - V

Now,

d a - + v .~v
dt at

(3.15)

d
dt



if I v • V = v * V f • The latter is approximately the case if the variation
in the velocity field is small, and this is assumed to be the case. It is
also assumed that the plasma expands and contracts uniformly, that is div v is
spatially uniform, so that,

div v = V/V (3.16)

where V is the volume of the plasma. With these approximations, (3.14) is

reduced to

dU _ dQ dV (3.17)
dt dt vay dt

where U is the total internal energy of the plasma,

U = I u dV

The quantity Pav is the volume average of the pressure field,

P .I f p dV
av V pV

= p(z ,t) + Uj (t). [H(z at) -(3.8)a 2 a 3

upon substituting expression (3.7) for the pressure field within the plasma;
or using the equation of state (3.9) and using the same approximation as in
evaluating the mass integral, Pa. can be derived to be,

(1 + a) m RT
P av p (3.19)

The quantity Q is defined by

dQ d_ dV V . F dV
dt dt V -

= 12R - I F . n ds (3.20)p

where the surface integral gives the energy loss by radiative flux through the
boundary of the plasma. This is computed assuming the plasma radiates like a

black-body:
T4

3V F n dS = 2(wh + hi + Zw) oT

9



where a is Stefan's constant for black-body radiation, T is the plasma

temperalure, h is the height of the bore and w is the width of the bore
(separation between the rails).

Equation (3.17) can now be treated unambiguously in terms of the
total internal energy of the plasma. For this the following form for the
internal energy is assumed;

3 T4
U = -m RT (1 + a) + m e a VT (3.21)

2 p p1I

which is appropriate for a singly ionized, monoatomic species with eI as the
ionization energy per unit mass, and a is the Stefan-Boltzman constant. The
corresponding Saha equation for ionization is

CL2 -a TrM kT 3/

I {4&2N h2  exp (3.22)o p

where Mr is the atomic weight, N0 Avogadro's number, me electron mass, k
Boltzman constant, h Planck's constant, qe electron charge, and VI the
ionization potential.

The total time rate of change of the internal energy may be
expressed as

dtl . aU dT + 3 dV
dt 3T VT, dt + ~3V( dt

The partial differential coefficients may be calculated from (3.21) and
(3.22), and using EI/R - qe V /k, to give

2

MU R(I + a) 2 - a(I - C ) + -V- + 12 (3.23)

rTV (2 -a(1 + )_ 2 kT av

U 3 pr + a(1 - a) {3 q ek (3.24)
1 (2 (1 + ) 2 +  Pay

where p = aT is the radiation pressure. It is worth noting that, by

definition, the specific heat per unit mass for the plasma at constant volume
is

Cv mp
p

10



which is expression (3.23) apart from the factor mo . Expression (3.23) is

thus an expression for the specific heat c v for a plasma which takes into
account the energy for single ionization and radiation pressure and whose
equation of state is that for an ideal gas modified for ionization. In term
of cv, the heat development equation is,

dT dQ vdt (3.25)mp -v d t fl Pav d-t(.5

where

f I + (1 - a) + + pr (3.26)
(2 - a) (1 + c) ' ~T? av

Comparing with (3.12), it can be seen that an unambiguous interpretation of
the specific heat c, and the pressure p with the factor fl as a 'correction'
factor has been derived.

3.5 Current Density and Boundary Magnetic Field

Before expression (3.7) can be applied to obtain the gas pressure at
the base of the projectile, expressions for the current density j(t) and the
magnetic field at the rear boundary 9(z at) are required. By assumption of a
uniform current density within the plasma

yI
j2(t) 1 -- (3.27)

where I is the total current, £ the length of the plasma armature, h the
height of bore, and (1 - y ) the fraction of current which is lost through
arcing ahead of the projecile; the factor y2 is normally set to 1 in the
running of the code.

For calculating the magnetic field H(za ,t) it the rear boundary, a
simple but rigorous approach is to assume the case of infinitely high rails.

In that case, it can be shown that the magnetic field in the region between
the rails sufficiently far downstream from the plasma is

at) - 1 (3.28)a(Za

This is the approach used by Powell and Satteh (9]. It does, however, tend
to overestimate the average field between the rails.

A less rigorous, but perhaps more realistic, approach is to
calculate the field in the region between the rails due to thin sheets of

q1



current flowing in the inner surface of the rails of finite height and average
the field over the bore. This approach is adopted in the current version of
PARA, but instead of averaging the field over the bore, it is only averaged
along the mid-line between the rails.

The algebraic result is

H(z at) - {y 1 (h/2w) + y 2 /2) I/h (3.29)

where y1 is a function given by

( $ )  - I tan- 1 B + I aln (1 + B-2)}

3.6 Propulsive Force

From (3.7), the pressure at the base of the projectile is given by

p(zb,t) - p(z ,t) + uj (t) {H(z ,t) L j(t) Z(3.30)

Substituting (3.27) and (3.29) into (3.30)

p(zbtt) - p(Zat) + Wy 2Y1 (h/2w) (r/hj 2  (3.31)

The accelerating force acting on the projectile is then given by

F a p(Z ,t) wh

- p(Z at) wh + (uw/h) y 2 y (h/2w) 12 (3.32)

This expression is used in the elementary equation

d2 z Fdz P (3.33)

dt
2  m

to calculate the position z of the projectile.

3.7 Plasma Resistance

The resistance of the plasma armature is calculated as:

12



n w
R - (3.34)

p hX

where n is the resistivity of the plasma. Spitzer's expression (14! for a
strongl? ionized gas in the absence of a magnetic field and ionic charge of
unity (Z - 1) is used to calculate the resistivity:

65.3 in A
5 , AQ.m (3.35)p T 3/2

where

A 1.238 x 107 T
3/ 2 /n 1/2

and ne is the electron density. Though the expression for resistivity is
dependent on the electron density which varies as the mass density p, the
dependence is very weak and an average value for the electron number density
is used;

Total number of electrons in the plasma
n e Volume of plasma

a N m
- 0 (3.36)M V

r

where No is Avogadro's number, Mr the atomic weight of the atomic species and
V the volume of the plasma.

4. ASSEBLY OF EQUATIONS

For convenient reference, this section is a collection of the basic
set of equations used by PARA. Equation numbers from the text are shown
wherever applicable.

- -CE(R *b1 + R L'V
(2.6) V VE I(Rs + Rb + 

R r p proj) (4.1)
dt L + L'z

0

dV
c I

(2.7) a- C (4.2)dt C

(33) dVpr°j 2

(3.32) {(p(Za,t) wh + (uw/h) YY (h/2w) I 2/(m + M) (4.3)
dt a 21 p

dz
-- V (4.4)
dt proj

13



(3.25), - { 2Rp - 2(wh + h I + 1w) s - v /m C (4.5)

(3.20) dt p 5 i'av V} v

dQ 2R (4.6)

dt p

dQ r 2
dr I R (4.7)dt r

dQ = I V (4.8)

dt E

dQ rad T4dd = 2 (wh + HX + kw) as (4.9)

(2.1), VE - VE, +VE 2 +VES + VE,6
(2.2),
(2.5) a V9, 3 + VE, 4 + VE, 5 + VE, 6  (4.10)

(2.3), RS a - ,, + RS,3 R Rs,2 + RS3 (411)
(2.4),
(2.5)

(2.4) Sb  - , ,3 S2 (4.11)if dr 4 2 6b, dr inductor thickness

(2.10) R = (4.12)

b

lbnt 1/2
2 wb if db > 2 6, 6b

r dr if d 4 26 dr rail thickness

r r

(2.10) R (4.13)

nr Ir if -r>27tnr /

- -r I

14



(3.34), R . w 65.3 In (1.238 x 1 T31 2 /n 1/2) (4.14)
(3.35) k1 T3/2 e

cLN m
(3.36) n - o p (4.15)

r

(3.29) L' - (2uw/h) y1 (h/2w) (4.16)

(3.29) y() =- 1tan8 +- in ( +-) (4.17)
2(1 -C) + le VI 2 4 T4

(3.23) cv  - ( ){ ( ) ( e } (4.18)

( 31 2 (2 -a)(1 + i) 2 kT av

(3.26) fl . 1 + 0i(1 - a) t2. 
+ 

q-e --- + (4.19)(2 -a)(1 +3) 2 kT Pav

m RT(t)(1 + a(t))
(3.11) p(Zat) . max to, P v(t)

- uj(t) (t) x [H(z ,t) - (4.20)

2 a 2

(3.29) H(za,t) - {Y1 (h/2w) + y 2 /2} I/h (4.21)

(3.22) (1 - CI (M r/No )(2me kT/h 2 ) 3/2 (V/r p) exp (-qe V /kT] (4.22)

The physical meanings of the symbols are given below:

I Current in the railqun circuit

V c  Voltage across the capacitor bank

VE Total electrode potential drop in the circuit

Rs  Stray resistance,, constant in time

Rb  Time-dependent resistance of the inductor

Rr  Time-dependent resistance of the rails

15



R Time-dependent resistance of the plasma

LO Inductance per unit length of the rails
L Inductance of the storage or pulse-shaping inductor

z Position of projectile

C Capacitance of the capacitor bank

Vproj Projectile velocity

P(zaft) Pressure at the rear boundary of the plasma

w Rail separation

Height of that portion of rail exposed to the plasma

Permeability of free space

A geometric function

1-Y 2  Fraction of current lost through arcing ahead of the projectile.
Normally assume y2 a 1.

T Temperature of plasma

0s Stefan constant for black-body radiation

p Heat dissipated in plasma through ohmic heating

Qr Heat dissipated in rails through ohmic heating

QE Energy dissipated by electrode potential drop

Qrad Energy radiated by plasma

Pay Mean pressure within the plasma

c v  Specific heat of the plasma

f l A thermodynamic function

nb Resistivity of the material of which the inductor is made

nr Rail resistivity

9 b Conductor length of inductor

db Effective thickness of inductor

wb  Effective width of inductor
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X Length of rail up to the position of projectile from the breechr

wr  Total rail height

ne Electron number density

CDegree of ionization

qe Electronic charge

VI  Ionization potential for the atomic species making up the plasma

k Boltzman gas constant

a Stefan-Boltzman constant

mp Total mass of plasma

M Mass of projectile

Mr Molecular or atomic weight of the ionic species in the plasma

* 0 Avogadro's number

Me  Mass of electron

h Planck's constant

Skin depth

Comment: fhe dimensions tb' db' w are specifically designed
for the case where ae akin inductor is a coil made
up of flat metallic strips.

5. STRUCTURE OF THE PROGRAM

The overlay structure of the program is shown in Figure 3. The
names of the subprogram units are displayed within rectangular enclosures.
The paths of subprogram calls are indicated by solid lines and the arrows
indicate the directions of call. A cross + is a joint in the path whereas a
semicircle 0 indicates a bypass. Thus, the main program is named PARA and it
calls upon four subroutines: SETUP, NORMAL, EXTRAC and SGUN. Subroutine
SETUP handles the input of data and sets up the data array CONDAT. NORMAL
normalizes the data in CONDAT to dimensionless quantities. EXTRAC extracts
the data required for the first gun segment (PARA can handle guns of more than
one segment) and stores them in the array GUNDAT, ready for use by SGUN.
SGUN calls upon INTERP to interpret the data in GUNDAT, CAPSEG to simulate a
capacitively driven gun segment, and INDSEG to simulate an inductively driven
gun segment. CAPSEG calls upon CAPAC for a definition of the system of
equations which are essentially equations (4.1)-(4.9) and calls upon RESULT to
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channel the results of the computation. Similarly INDSEG calls upon INDUCT to
obtain the equations appropriate for an inductively driven segment which are
essentially the same equations (4.1)-(4.9) with Vc = 0 and dVc/dt = 0. It
also calls upon RESULTS to output the results of the simulation. CAPSEG also
calls upon INDSEG after the capacitor bank is crow-barred. Both INDUCT and
CAPAC make use of VETROD, VRAIL and PLASMA to calculate the relevant
quantities from the list of definitions (4.10)-(4.22). PLASMA makes use of two
further subprogram units PHYCON and AGCON to treat the case of the plasma
being confined by the breech and the case of the plasma being confined
completely by the magnetic pressure respectively.

In its present form, computer memory requirement by the program is
minimal and is not a consideration in implementing it on most commonly
available main frame computers. It may also be implemented on many
minicomputers or microcomputers. For some microcomputers, memory
requirements may be a consideration. If so, Figure 3 provides a convenient
diagram for overlaying the various compiled program modules in linking them
together to form a segmented running module.

6. CRITIQUE AND RECOMMENDATION FOR FUTURE WORK

As was originally intended, PARA was written and used primarily for
planning and designing experiments aimed at elucidating behavior of plasma
armatures. It basically form a first generation code for simulating the
structure of the plasma armature. Though the results of its use have
exceeded the author's expectations in the extent by which they agree with
experimental measurements, qualltatively and quantitatively El 5,16], the code
as a engineering design tool is still deficient in many ways, both in its

model for the driving circuit and for the plasma armature.

For the driving circuit, the action of the main switch and the crow-
bar switch are modelled as a fixed resistance together with fixed electrode
potential drops. This is unsatisfactory as the user of the code is required
to know these values before running the code. Further, the values for these
parameters are likely to be dependent on the current and its time history.
They certainly depend on the particular type of switch used. The transient
behavior of the inductor with respect to its inductance is also not modelled.

For the plasma model, major deficiencies include the assumption of
mass constancy, spatial uniformity of current density and temperature, and
single-species plasma. None of these assumptions are strictly valid in
practice.

In railguns, because of the high temperature and pressure, ablation
of materials surrounding the plasma may occur at such a rate that ablation
products could have significant effects on the plasma volume, temperature,
resistivity and hence its resistance.
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The role of boundary-layer effects on the plasma armature in the
railgun context are not entirely clear at present. These effects are ignored
in the present version of PARA, so also are effects of higher dimensions, 2-D
and 3-0.

Another major deficiency of the code lies in its use of the concept
of electrode potential drops which are added to the column voltage to provide
the total voltage drop across the plasma armature. This is unsatisfactory
for two reasons:

i) Experimentally, only the total voltage drop across the leading edge
of the plasma armature can be readily measured,

(ii) Assignment of fixed values for the electrode potential drops in
running the code can at best be done at present based upon
experience with arcs at much lower currents (below - 10 kA) and much
lower pressures (below- 1 atmosphere). Experience with these
relatively low current arcs show that the so-called electrode
potential drop varies between I V and 20 V depending upon the
conditions of the arcs (17]. Despite the long existence of the
concept of an electrode potential drop, specific knowledge regarding
its magnitude, its variation with current and applied voltage, and
its origin remain scarce. Use of the concept in the present
version of PARA makes the running of the code somewhat arbitrary and
requires some intuition about arcs at this level of current density.

Finally, by the kinetic assumptions of uniform expansion and
contraction as well as (3.1a) and (3.1b), effects due to MHD instabilities are
ignored.

In view of these deficiencies, the following is recommended:

(i) The assumption of constant plasma mass should be replaced by a model
for mass increase to include ablation of rail, sabot and barrel
materials due to radiative heating by the arc.

(ii) As railgun plasma armatures are radiation-dominated arcs, more
accurate models for radiative heat transfer leading to non-uniform
temperature, pressure, density, ionization, and current distribution
within the arc should be developed. This may be done in one of two
ways: (a) Approximate the process of radiative heat transfer within
the plasma as a diffusion process, with the radiative flux F being
proportional to the gradient of radiation intensity I, that is

F - XVI

This is the approach used by Powell and Batteh [9] and Powell [10]
in their I-0 and 2-0 static analysis of the arc. (b) Use the exact
equation for radiative heat transfer through the use of the
radiation integral. The choice between the two methods will depend
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on the relative computational complexity of the two methods and the
accuracy of the first method in the railgun context.

(iii) Models for the plasma sheath between the plasma column and the rails
should be developed. Such models should provide information on the
so-called electrode potential drop, and define more accurately the
transition between the plasma column and the rails. In particular,
the transfer of heat between the plasma column and the rails will be
more accurately modelled.

(iv) The use of more accurate expressions for plasma resistivity taking
into consideration multiple ionization and intense cross magnetic
field is warranted.

(v) Since substantial energy loss could be caused by the use of
inefficient crow-bar switches in the case of capacitor bank driven
railguns, provision should be made in the code for a better model
for the operation of the crow-bar switch and the coupling between
the crow-bar circuit and the main driving circuit. Models for the
crow-bar switch of course depend on the particular method of
switching and provision should be made in the form of a user-written
subroutine. A better model for the main switch should also be
used.

(vi) For very accurate simulation, the transient behavior of the driving
inductor with the consequent time-dependent inductance and
resistance should be modelled. This again depends on the detailed
geometry of the inductor.

(vii) The rail velocity-skin effect should be modelled. A minimum effort
here would involve an integral model, at least 2-0, which treats the
moving plasma column, plasma sheath and conduction in the rails as a
single entity in a consistent way according to the equations of
Maxwell and magnetoplasmadynamics.

7. ACKNOWLEDGEMENT

This simulation code was developed while the author worked at the
Materials Research Laboratories in Melbourne, Australia. The support of
DARPA for the E3L project at MRL is gratefully acknowledged.

20



8. REFERENCES

1. Y.-C. Thio, "Theory of Macroparticle Acceleration by a Plasma",
Unpublished lecture delivered at the Conf. on Electromagnetic Guns

and Launchers, San Diego, Calif., Nov. 4-6, 1980.

2. Y.-C. Thio, "Electromagnetic Propulsion of Matter to Hypervelocity",
Proc. 6th International Symposium in Ballistics, Oct. 27-29,
Orlando, Florida, sponsored by the American Defense Preparedness
Association.

3. Y.-C. Thio, "Electromagnetic Launchers: Background and the MRL
Program", Report MRL-R-848, 1982, Materials Research Laboratories,
DSTO, Melbourne, Australia.

4. R.S. Hawke and J.K. Scudder, "Magnetic Propulsion Railguns : Their
Design and Capabilities", in Megagauss Physics and Technology (Ed.
Turchi, R.J.), Plenum Press, NY, 1980.

5. F.J. Deadrick, R.S. Hawke, and J.K. Scudder, "MAGRAC - A Railgun
Simulation Program", IEEE Trans. Magnetics, Vol. MAG-18, pp. 94-
104, 1982.

6. R.A. Marshall and W.F. Weldon, "Analysis of Performance of Railgun

Accelerators Powered by Distributed Energy Stores", Proc. 14th IEEE
Pulse Power Modulator Symposium, Orlando, Florida, June 3-5, 1980.

7. F.S. Stefani and C.C. Alexion, "Electromagnetic Launcher Software on
the Prime Computer", R&D Memo 82-1J6-ELMAT-M, Westinghouse R&D
Center, Pittsburgh, Pennsylvania, 1982.

8. I.R. McNab, "Electromagnetic Macroparticle Acceleration by a High
Pressure Plasma", J. App. Phys., 51 (5), pp. 2549-2551, 1980.

9. J.D. Powell and J.H. Batteh, "Arc Dynamics in the Railguns", IEVE
Trans. Mag., Vol. MAG-18, pp. 7-10, 1982.

10. J.D. Powell, "Arc Dynamics in Railguns", Proc. 6th International
Symposium in Ballistics, Oct. 27-29, Orlando, Florida, sponsored by
American Defense Preparedness Association.

11. W.R. Smythe, in American Institute of Physics Handbook, edited by
D.E. Gray, pp. 5-85, McGraw-Hill, New York, 1957.

12. I.R. McNab et al, "DC Electromagnetic Launcher Development:
Phase I", Report ARLCD-CR-80009, ARRADCOM, LCWSL, Dover, NJ 07801,
1980. (AD-E400 419).

13. V.C.A. Ferraro and C. Plumpton, "Magneto-Fluid Mechanics", Oxford
Univ. Press, 1961.

21



14. L. Spitzer, Jr., "Physics of Fully Ionized Gases", Interscience, NY

1956.

15. Y.-C. Thio, G.A. Clark and A.J. Bedford, "Results from an Experimental
Railgun System : ERGS 1A", MRL Report, Materials Research
Laboratories, DSTO, Melbourne, Australia. To be published.

16. Y.-C. Thio, "Plasma-Drive Rail Launcher Experiments". In preparation.

17. G.R. Jones and M.T.C. Fang, "The Physics of High-Power Arcs", Rep.

Prog. Phys., 43, pp. 1415-1465, 1980.

22



VE,1 VE.2 Rsa Lo Rb

Si L R RR

R.1'RS.2 VE. 5

VE, 4 Rp

I vEA. VcR
VE,3

FIGURE I Railgun equivalent circuit used in PAR A



---------

Plasma

B)

Za Zb

FIGURE 2 Geometry of plasma model



MAIN PROGRAM
PARA

N of

4 

SGUN
CAPSEG INDSEG INTERP

INDUCT

RESULT

P L

FPHY MArGCON

FIGURE 3 Program Overlay Structure



(MRL-R-873)

DISTRIBUTION LIST

MATERIALS RESEARCH LABORATORIES

Director
Superintendent, Physical Chemistry Division
Dr. A.J. Bedford
Library (2 copies)
Dr. R.A. Marshall (EBG)

DEPARTMENT OF DEFENCE

Chief Defence Scientist/Deputy Chief Defence Scientist/
Controller, Projects and Analytical Studies/ (1 copy)
Superintendent, Science and Technology Programme

Army Scientific Adviser
Air Force Scientific Adviser
Navy Scientific Adviser
Officer-in-Charge, Document Eschange Centre (17 copies)
Technical Reports Centre, Defence Central Library
Deputy Director Scientific and Technical Intelligence, Joint

Intelligence Organisation
Librarian, Bridges Library
Librarian, Enqineering Development Establishment
Defence Science Representative, (Summary Sheets Only)

Australia High Commission, London
Counsellor Defence Science, Washington, D.C. (Summary Sheets Only)
Librarian, (Through Officer-in-Charge), Materials Testing

Laboratories, Alexandria, NSW
Senior Librarian, Aeronautical Research Laboratories
Senior Librarian, Defence Research Centre Salisbury, SA

DEPARTMENT OF DEFENCE SUPPORT

Deputy Secretary, DDS
Head of Staff, British Defence Research & Supply Staff (Aust.)

OTHER FEDERAL AND STATE DEPARTMENTS AND INSTRUMENTALITIES

NASA Canberra Office, Woden, ACT
The Chief Librarian, Central Library, CSIRO
Library, Australian Atomic Energy Commission Research Establishment
Chief, Division of Tribophysics, CSIRO
Chief, Division of Mechanical Engineering, CSIRO
Dr. M. Murray, Division of Materials Science, CSIRO



(MRL-R-873)

DISTRIBUTION LIST

(Continued)

MISCELLANEOUS - AUSTRALIA

Librarian, State Library of NSW, Sydney NSW
University of Tasmania, Morris Miller Lab., Hobart, TAS.
Prof. K.C. Westfold, Pro-Vice Chancellor, Monash University
Prof. W. Bonwick, Dept. of Electrical Engineering, Monash University
Dr. K.C. Hines, Dept. of Physics, Melbourne University
Dr. J. Lowke, Chief, Division of Applied Physics, CSIRO Sydney
Prof. S. Kaneff, Dept. of Engineering Physics, ANU Canberra

MISCELLANEOUS - OVERSEAS

Reports Centre, Directorate of Materials Aviation, England
Library - Exchange Desk, National Bureau of Standards, USA
UK/USA/CAN/NZ ASCA Armies Standardisation Representation (4 copies)
The Director, Defence Scientific Information & Documentation

Centre, India
Military, Naval and Air Adviser, High Commission of India, Canberra
Director, Defence Research Centre, Kuala Lumpur, Malaysia
Exchange Section, British Library, UK
Periodicals Recording Section, Science Reference Library,

British Library, UK
INSPEC: Acquisition Section, Institute of Electrical Engineers, UK
Engineering Societies Library, USA
Aeromedical Library, Brooks Air Force Base, Texas, USA
Ann Germany Documents Librarian, The Centre for Research Libraries,

Chicago, Ill.
Defense Attache, Australian Embassy, Bangkog, Thailand

(Att. D. Pender)

ADDITIONAL DISTRIBUTION

DARPA/TTO, Arlington, VA 22209 (Attn. Dr. Harry D. Fair Jr) (5 copies)
US Army ARRADCOM, Dover NJ 07802 (Attn. Dr. P.J. Kemmey,

Dr. Joe Lannon, Dr. Thaddeus Gora)
ARRADCOM, Ballistic Research Lab. Aberdeen Proving Ground

(Attn. Dr. Don Eccleshall, Dr. J.D. Powell)
US Army Research Office, Research Triangle Park, NC 27709

(Attn. Dr. Fred Schmeideshoff)
Naval Surface Weapons Center, Dahlgren, VA 22448

(Attn. Dr. M. Frank Rose, Code F-04,

Dr. Henry B. Odom, Code F-12
Naval Air Systems Command, Air 350B, Washington DC 20361

(Attn. Dr. John A. Reif)
Naval Research Laboratory, Code 4770, Washington, DC 20375

(Attn. Dr. Thov Vitkovitsky, Dr. Dick Ford)
Naval Surface Weapons Center, Code G-35, Dahlgren, VA 22448

(Attn. Mr. D.L. Brunson, Mr. P.T. Adams)
Office of Naval Research, Arlington VA 22217

(Attn. Capt. Marshall A. Howard)



(MRL-R-873)

DISTRIBUTION LIST
(Continued)

ADDITIONAL DISTRIBUTION

US Air Force, Eglin Air Force Base, FL 32542
(Attn. Dr. Lanny Burdge, Lt. Richard Walley, Dr. Bill Lucas)

US Air Force, Power Division, Wright-Patterson AFB, OH 45433
(Attn. Capt. Jerry Clark, Dr. Charles Oberly)

US Air Force, Bolling AFB, Washington DC 20332 (Attn. Dr. L. Caveny)
National Aeronautics and Space Administration, Houston, TX 77058

(Attn. Mr. Joseph P. Loftus, Jr.
National Aeronautics and Space Administration, Kennedy Space Center,

FL 32899 (Attn. Mr. T.A. Feaster)
National Aeronautics and Space Administration, Ames Research Center,

Moffett Field, CA 94035 (Attn. Technical Library)
National Aeronautics and Space Administration, Langley Field

Station, Hampton, VA 23365 (Attn. Technical Library)
National Aeronautics and Space Administration, Goddard Space Flight

Center, Greenbelt, MD 20771 (Attn. Mr. W. Isley,
Mr. A.A. Vetman, Dr. David H. Suddeth)

Jet Propulsion Laboratory, Pasadena, CA 91102 (Attn. Dr. Kenneth Atkins
Technical Library)

NASA Scientific and Technical Information Facility, Baltimore, MD 21240
(Attn. Accessioning Department)

Contractor/Knowledge Availability Systems Center, Cleveland, Ohio 44135
(Attn. Mr. Warren Rayle, Mail Stop 106-3)

US Air Force, Rocket Propulsion Laboratory, Edwards AFB, CA 93523
(Attn. LKDH/Lt. Phil Roberts

LKDA/Mr. Tbm Waddell
LKDH/Dr. Robert Vondra
PKRA/Mr. J.D. Hooper
PKRA/Capt. Ken Boyd

National Aeronautics and Space Administration, Cleveland, Ohio 44135
(Attn. Communications and Propulsion Section

Attn: Mr. K. Heise, MS 500-306
Technology Utilization Office, MS 7-3
Report Control Office, MS 5-5
Library, MS 60-3
Mr. M. Musial, MS 500-318
Dr. M. Goldstein, Chief Scientist, MS 5-3

Mr. W. Kerslake, MS 501-7
AV.O Everet Research Laboratories, Everet, MA 02149

(Attn. Mr. Ara Dmirjian)
Battelle Columbus Laboratories, Columbus, Ohio 43201

(Attn. Dr. Eric E. Rice, Ms. Lisa A. Miller, Mr. Richard W. Earhart)
Case Western Reserve University, Cleveland, OH 44106

(Attn. Dr. Eli Reshotko, Dr. Simon Ostrach)
Colorado State University, Fort Collins, CO 80521

(Attn. Prof. P.J. Wilbur, Prof. H.R. Kaufman)
General Dynamics, San Diego, CA 92112 (Attn. Dr. Ketchum,

Dr. Jaime H. Cuodros (Pomona Division)
General Electric Company, Cleveland, OH 44181 (Attn. Mr. Joseph Osani)
GT Devices, Inc. Alexandria, VA 22312 (Attn. Dr. Rod Burton)



(MRL-R-873)

DISTRIBUTION LIST

(Continued)

ADDITIONAL DISTRIBUTION

International Applied Physics, Inc. Dayton, OH 45459
(Attn. Dr. John Barber)

Lawrence Livermore Laboratory, Livermore, CA 94550
(Attn. Dr. Ron Hawke, Dr. A.C. Buckingham)

Litton Industries, Beverly Hills, CA 90210 (Attn. Dr. J.K. Scudder)
Los Alamos National Scientific Laboratory, Los Alamos, NM 87544

(Attn. Dr. J.V. Parker, Dr. Max Fowler, Mr. Dennis Peterson,
Dr. J.F. Kerrisk)

Massachusetts Institute of Technology, Cambridge, MA 02139
(Attn. Dr. Henry Kolm, Dr. Peter Mongeau)

University of Nevade, Reno, NV 89507 (Attn. Dr. F. Winterberg)
Ohio State University, Columbus, OH 43210 (Attn. Dr. John D. Lee)
Physics International Company, San Leandro, CA 94577

(Attn. Dr. Ed Goldman)
Princeton University, Princeton, NJ 08540 (Attn. Dean R.G. Jahn,

Dr. K.E. Clark, Dr. G.L O'Neill)
Sandia Laboratories, Albuquerque, NM 87115 (Attn. Mr. Ralph R. Peters,

Dr. M. Cowan, Dr. T.J. Burgess)
Science Applications, Inc. Atlanta, GA 30339 (Attn. Dr. J.H. Batteh)
University of Texas at Austin, Austin, TX 78712

(Attn. Dr. William E. Weldon)
Vought Corporation, Dallas, TX 75266 (Attn. Dr. C.H. Haight)
Westinghouse Electric Corporation, Pittsburgh, PA 15235

(Attn. Mr. C.J. Mole, Dr. Ian McNab, Dr. D.W. Deis,
Dr. Y.C. Thio (10 copies)

Westinghouse Electric Corporation, Sunnyvale, CA, 94088, USA
(Attn. Mr. W. Volz

General Atomics, San Diego, CA, USA
(Attn. Dr. Sibley Burnett)



I
* A

I

OK

I>


